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TRANSACTIONS OF THE
AMERICAN MATHEMATICAL SOCIETY
Volume 157, June 1971

THE LOGARITHMIC LIMIT-SET OF AN
ALGEBRAIC VARIETY

BY
GEORGE M. BERGMAN(Y)

Abstract. Let C be the field of complex numbers and V a subvariety of (C—{0})".
To study the “exponential behavior of V at infinity”’, we define V'’ as the set of limit-
points on the unit sphere $™~? of the set of real n-tuples (u, log |xi|, ..., ux log |xa|),
where x€ V and u,=(1+3 (log |x])?)~*2. More algebraically, in the case of
arbitrary base-field k we can look at places ‘“at infinity”” on V and use the values of
the associated valuations on X, ..., X, to construct an analogous set V®. Thirdly,
simply by studying the terms occurring in elements of the ideal I defining V, we
define another closely related set, V.

These concepts are introduced to prove a conjecture of A. E. Zalessky on the
action of GL(n, Z) on k[ X{2, ..., XE], then studied further.



DEQUANTIZATION OF REAL ALGEBRAIC GEOMETRY
ON LOGARITHMIC PAPER

OLEG VIRO
Uppsala University, Uppsala, Sweden o ;
POMI, St. Petersburg, Russia }j L BN

ABSTRACT. On logarithmic paper some real algebraic curves look like
smoothed broken lines. Moreover, the broken lines can be obtained as
limits of those curves. The corresponding deformation can be viewed
as a quantization, in which the broken line is a classical object and the 5
curves are quantum. This generalizes to a new connection between alge-

braic geometry and the geometry of polyhedra, which is more straight-

forward than the other known connections and gives a new insight into

constructions used in the topology of real algebraic varieties.
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